Let D be a 1-dimensional Prüfer domain with exactly two maximal ideals. We determine the semistar operations on D.
). Let V be an n-dimensional valuation domain, let v be a valuation belonging to V , and let Γ be the value group of v. Let M = P n P n−1 · · · P 1 (0) be the prime ideals of V , and let H n = {0} H n−1 · · · H 1 Γ be the convex subgroups of Γ. Let m be an integer with n + 1 ≤ m ≤ 2n + 1. Then the following conditions are equivalent.
(1) |Σ (V )| = m.
(2) The maximal ideal of V Pi is principal for exactly 2n + 1 − m of i in {1, · · · , n}. (3) Γ/H i has a minimal positive element for exactly 2n + 1 − m of i in {1, · · · , n}. We want to know |Σ (D)| for Prüfer domains D. Let Γ be a totally ordered set. If each nonempty subset S of Γ which is bounded below has its infimum inf (S) in Γ, then Γ is called complete. In this paper we determine |Σ (D)| for a 1-dimensional Prüfer domain D with two maximal ideals. Our result is the following, Theorem. Let D be a 1-dimensional Prüfer domain with exactly two maximal ideals M and N , and let Γ (resp. Γ ) be the value group of D M (resp. D N ).
( In §2 we will prove (1). In §3 we will prove (2). In §4 we will prove (4). The proof for (3) is similar to that of (2). §1 is the general case.
Throughout the paper, let D be a 1-dimensional Prüfer domain with exactly two maximal ideals M and N , let V = D M (resp. W = D N ), let v (resp. w) be a valuation belonging to V (resp. W ), let Γ (resp. Γ ) be the value group of v (resp. w), and let K be the quotient field of D. Let A (resp. B) be the D-submodule of K generated by
This is a continuation of [M2] . §1 The general case
Throughout the paper, p denotes an element of M \ N , and q denotes an element of N \ M .
(1.1) (1) Each element x ∈ D \ {0} can be expressed as 1 or p or q or pq uniquely up to associates, where p ∈ M \ N and q ∈ N \ M .
(2) Each element x ∈ K \ {0} can be expressed as 1 or p or q or pq or 1 p or 1 q or q p or p q or 1 pq uniquely up to associates.
We note that V = B and W = A.
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Then we have
Let A 0 (resp. B 0 ) be a fractional ideal of D with type α (resp. type β). Then we
(1.3) Let A 0 (resp. B 0 ) be a fractional ideal of D with type α (resp. type β), and let
(1.4) Example. Let A 1 (resp. A 2 ) be the additive group of all integers Z (resp. all rational numbers Q), and introduce on each of them the canonical order. Let A 1 ⊕ A 2 be their direct sum with the lexicographic order: Let x = (a 1 , a 2 ), y = (b 1 , b 2 ) be elements of A 1 ⊕ A 2 with a 2 < b 2 , then let x < y. Let v 0 (resp. w 0 ) be the projection mapping of A 1 ⊕ A 2 to the ordered group A 1 (resp. A 2 ). Let k be a field, and let K be the quotient field of the semigroup ring k[X; A 1 ⊕ A 2 ]. Let v (resp. w) be the canonical extension of the valuation v 0 (resp. w 0 ) on A 1 ⊕ A 2 to a valuation on K, and let V (resp. W ) be the valuation ring on K belonging to v (resp. w), and let M (resp. N ) be the maximal ideal of V (resp. W ). Let D = V ∩ W , and let
We have Γ = Z, and Γ = Q is not complete. Let r be a real number with Q r < 0, and
Then there exists inf v(I) with inf v(I) ∈ v(I), and there does not exist inf w(I).
( Case (2): Assume that v( 
is a lower bound of w(B 0 ). Then we have Then N is not principal.
Then there is determined a star operation 1 on D uniquely, and then 1 = d.
(2) Set N 2 = D. Then there is determined a star operation 2 on D uniquely, and then 2 = v. 
Proof. x is either u or p or q or pq or 1 
is a fractional ideal of D with type α (resp. type β)}. ( (4.4) Let A 0 (resp. B 0 ) be a fractional ideal of D with type α (resp. type β), and let 
